We also study conditions for complete quasi-pseudometrizability.
If Y is a set and ᐁ is a quasi-uniformity on Y such that (Y , T (ᐁ)) is T 0 , then (Y , T (ᐁ ∨
is also said to be quasi-uniformizable. It is well known (see [1, 3] ) that an ordered space is quasi-uniformizable if and only if it is a completely regular ordered space. Let (Y , τ , ≤ ) be quasi-uniformizable and ᐁ a quasi-uniformity compatible with (τ , ≤ ). For each F ∈ Ᏺ and each U ∈ ᐁ we consider the set (
F , U) = {(f , g) ∈ C(X, Y )× C(X, Y ) : (f (x), g(x)
) ∈ U for all x ∈ F }. Then {(F , U) : F ∈ Ᏺ and U ∈ ᐁ} is a base for a quasi-uniformity ᐁ p on C(X, Y ) called the quasi-uniformity of quasi-uniform pointwise convergence induced by ᐁ. It was shown in [4] 
K, G] = {f ∈ C(X, Y ) : f (K) ⊆ G}. The collection {[K, G] : F ∈ and G ∈ τ} is a subbase for a topology T k on C(X, Y ). Define an order on C(X, Y ) as follows: for each f ,g ∈ C(X, Y ), f ≤ s g f (x) ≤ g(x)
for all x ∈ X (i.e., ≤ s is the order on C(X, Y ) defined pointwise). We refer to the ordered space
with the restriction of this topology and order will be denoted by
Analogously, let (Y , τ , ≤ ) be quasi-uniformizable and ᐁ be a quasi-uniformity compatible with (τ , ≤ ). For each K ∈ and each U ∈ ᐁ we consider the set
, which we refer to as the quasi-uniformity of quasi-uniform convergence on compacta. It was shown in [4] that the ordered space
k , coincides with the compact open ordered space.
The following strengthening of complete regularity was introduced in [2] . Let (X, τ, ≤) be a topological ordered space. Then X is said to be strictly completely regular ordered space if (i) the order on X is semi-closed, that is, d(a) and i(a) are closed for all a ∈ X. (ii) X is strongly order convex, that is, the open upper sets and the open lower sets form a subbasis for the topology. (iii) Given a closed lower (resp., upper) set A and a point x ∉ A, there exists a continuous order-preserving function f : (X, τ, ≤) → I 0 such that f (A) = 0 and f (x) = 1 (resp., f (A) = 1 and f (x) = 0).
Recall that a quasi-pseudometric on a set X is a nonnegative real-valued function d on X × X such that for all x, y, z ∈ X, 
is said to be (completely) (separated) quasi-(pseudo)-metrizable if there is a (completely) (separating) quasi-(pseudo)metric on X compatible with (X, τ, ≤). It is known that a quasi-pseudometric d on X is separating if and only
The following are the well-known results which will be generalized to the ordered case.
Theorem 1.1. Let (X, τ) and (Y , τ ) be two topological spaces such that (Y , τ ) contains a nontrivial path. The topology of pointwise convergence is metrizable if and only if (X, τ) is countable and (Y , τ ) is metrizable.

Theorem 1.2. Let (X, τ) and (Y , τ ) be two topological spaces such that (Y , τ ) contains a nontrivial path. The topology of pointwise convergence is completely metrizable if and only if (X, τ) is countable and discrete and (Y , τ ) is completely metrizable.
Theorem 1.3. Let (X, τ) and (Y , τ ) be two topological spaces such that (Y , τ ) contains a nontrivial path. The topology of compact convergence is metrizable if and only if (X, τ) is hemicompact and (Y , τ ) is metrizable.
Theorem 1.4. Let (X, τ) and (Y , τ ) be two topological spaces such that (Y , τ ) contains a nontrivial path. The topology of compact convergence is completely metrizable if and only if (X, τ) is a hemicompact k-space and (Y , τ ) is completely metrizable.
Quasi-pseudometrizability of the point open ordered spaces.
In this section, we discuss the quasi-pseudometrizability of the point open ordered spaces. The results generalize the classical ones in topological spaces.
Theorem 2.1. Let (X, τ, ≤) be a T 2 -ordered quasi-uniformizable ordered space and (Y , τ , ≤ ) an ordered topological space such that (Y , τ ) contains a nontrivial path. Then the point open ordered space is separated quasi-pseudometrizable if and only if X is countable and (Y , τ , ≤ ) is separated quasi-pseudometrizable.
Proof. Suppose that the point open ordered space is separated quasi-pseudometrizable and let d be a separating quasi-pseudometric on C(X, Y ) compatible with
On the other hand, we have
Since v * is a metric on C(X, Y ) compatible with T p , it follows from Theorem 1.1
is a product of countable separated quasi-pseudometrizable ordered spaces and therefore is a separated quasi-pseudometrizable ordered space. Then the point open ordered space is an ordered subspace of a separated quasi-pseudometrizable ordered space and hence it is a separated quasi-pseudometrizable ordered space.
The following theorem in bitopological space is useful for the results on bicomplete separated quasi-pseudometrizability. It was proved by Romaguera and Salbany in [6] . 
Proof. (i)⇒(ii) follows from Theorem 2.1.
(ii)⇒(iii) follows from the fact that an ordered subspace of a separated quasipseudometrizable ordered space is separated quasi-pseudometrizable.
(
iii)⇒(i). Let d be a separating quasi-pseudometric on C ↑ (X, Y ) compatible with
, as in the proof of Theorem 2.1, it can be shown that the real-valued func-
, is a separating quasi-pseudometric compatible with (τ , ≤ ). We now show that X is countable. Let p :
Since f is a constant function, for each n ∈ N there is a finite set F n ⊆ X and a τ open set H n such that
. We now show that X = {F n : n ∈ N}. Suppose on the contrary that we have x ∈ X \ {F n : n ∈ N}. Since for each F n , we have
, without loss of generality, we can assume that x ∈ d(F n ). By strict complete regularity of (X, τ, ≤) there is a continuous order-preserving function ϕ :
and ρ * is a metric, we have ρ
which is a contradiction. Therefore X = {F n : n ∈ N} and this completes the proof.
3. Quasi-pseudometrizability of the compact open ordered spaces. In this section, we discuss the quasi-pseudometrizability of the compact open ordered spaces. We generalize Theorems 1.1 and 1.2.
A topological space X is said to be hemicompact if there is a sequence K 1 ,K 2 ,... of compact subsets of X such that if K is any compact subset of X, then K ⊆ K n for some n. 
Proof. Suppose that there is a separating quasi-pseudometric
Proof. (i)⇒(ii) follows from Theorem 3.1.
(iii)⇒(i). Let d be a separating quasi-pseudometric on C ↑ (X, Y ) compatible with 
